In this paper we consider certain relations concerning linear varieties in an n-dimensional projective space. Let Fn be the lattice of linear varieties in the n-dimensional projective space over the field of real numbers. By 0 and 1 we denote the minimal element of the lattice, i.e. the void variety, and the maximal element, i.e. the whole n-dimensional space, respectively. We d-¡note by M^ the set of all k-dimensional (k = 0,1,2,... ,n-1) linear varieties, The elements of the sets M0, M-j and are called points, lines and hyperplanes, respectively. The lattice operations are denoted as usual by U and 0 .
In this paper we consider certain relations concerning linear varieties in an n-dimensional projective space. Let Fn be the lattice of linear varieties in the n-dimensional projective space over the field of real numbers. By 0 and 1 we denote the minimal element of the lattice, i.e. the void variety, and the maximal element, i.e. the whole n-dimensional space, respectively. We d-¡note by M^ the set of all k-dimensional (k = 0,1,2,... ,n-1) linear varieties, The elements of the sets M0, M-j and are called points, lines and hyperplanes, respectively. The lattice operations are denoted as usual by U and 0 . For s >n and p^ , p2,... , pg e M0> we say that these points are in general position, iff there is no hyperplane h e Mn_i containing n+1 points from among p^,p2,..•,pg.
Then p • U p. U ... U p.-=1 for each permutation 1 1 2 n+1
(1) c i^ ,i2,... ,i0> of s-tuple < 1,2,... ,s> .
Dually we introduce the general position of s-hyperplanes h^ ,h2,... ,hg e Mn_i (a >n), which holds whenever h, n h. n ... nh. = c 1 1 2 n+1
for each permutation (1) of indexes. In order to present this result more precisely, we procede as follows.
On the order of hyperplanes In other words, s e S is a simplex when there exists a sequence (6) satisfying the condition (7), such that none of two hyperplanes
has common points with the closure of the region s. In this case we say that hyperplanes (8) "determine the simplex s" or alternatively, that they are faces of this simplex, we denote the simplex by we say that the point p is "determined by hyperplanes" (11). In particular, if hyperplanes (11) are faces of a certain simplex s e S then p is said to be a vertex of the simplex s. It is evident that every simplex has exactly n+1 vertices. Hence, the vertices of the simplex will be the points 
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On each of these lines 1. there are two points p. , p. from among the points (16), These points ¿ivide the line l i into two projective segments, ¿ach of the regions s. has J m-edges which are just such projective segments -one from each of lines l i . If condition (15) did not hold at least for one of L = p i U p, , then each of two projective segi j-j J2 ments on the line (with ends p. , p. ) would be cut by one of 3-1 J 2 the hyperplanes h. ,h., and therefore none of the segn+2 ~n+3 ments could not be an edge of a simplex belonging to S.
On the other hand, if condition (15) is satisfied by each pair of points determined by hyperplanes from the set H' then, as it will be proved, one of the regions s^ is divided neither by h.
nor by h. , hence it belongs to S. In orn+2 n+3 der to prove this, it suffices to notice that adopting h H x n+2
as an improper hyperplane we obtain a division of the resulting n-dimensional affine space by hyperplanes (8) into regions one of which is a simplex bounded by the hyperplanes. From condition (15) it follows that hyperplane h.
does not meet
Z n+3
the simplex, because it meets none of its edges. The main.result of our paper is expressed in the following theorem.
Theorem. If hyperplanes (2) are in general position then exactly n+3 simplexes belong to the set S. If, furthermore, the condition (20) D n (h 1 ,h 2 ,...,h n+3 )
holds, then the simplexes belonging to S are the following ones: s 1 = s(1,2,...,n+1), s 2 = s (2,3,...,n+1,n+2) ,..., = s(n+2,n+3,1 ,2,... ,n-1 ), s n4 .-5 = s(n+3,1,2,...,n).
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In the case n=2 the following figure (fig.2) illustrates the the ore®.
In the proof of the theorem we use Lemma 1, Theorem 4 n from [2] p.232, and Lemma 2, given below, which is a corrolla ry from Theorem 5 proved in [2] p.235. We give now the proof of our theorem. Prom Theorem 4 n it follows that for the hyperplanes (2) there exists a permutation for which the relation D n holds.
-889 -
J.Osetek
After appropriate remuneration we can assume that condition (20) holds.
Prom Lemma 2 we infer that for 1 = 1. . ",_ where 10,n+2,n+3' the following condition holds
and hence c(inh if inhjj inh n+2 ,inh n+3 ).
Prom Lemma 1 it follows that hyperplanes h^ »hg,... determine a simplex s^ = a(1,2,...,n+1) belonging to S. The existence of the remaining simplexes in S, described in the conclusion of the theorem, can be proved in the some way. Por completeness of the proof it suffices to verify that apart from those simplexes, there exists no other one belonging to S. Assume that for a certain permutation (6) satisfying condition (7), the hyperplanes h. ,h. ,...,h. determine a simplex X 1 x 2 n+1 s Q belonging to S and different from the simplex s.|,s 2 Simultaneously, applying Lemma 1 to the simplex s Q we obtain the negation of condition (23). This ends the proof of the theorem.
